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CONCURSUL INTERJUDEŢEAN DE MATEMATICĂ

„SPERANŢE OLIMPICE”

EDIŢIA a XI-a

12 noiembrie 2011

clasa a VIII-a

Borderou de corectare şi notare
I. Fie A = { a1, a2, … , an, an+1 } 
[image: image2.wmf]N
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* si B = { b​1, b2, …, bn }
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Conform b) putem considera urmatoarea ordine:

           a1 < a2 < … <an  < an+1 < b1 < b1 < b2 <…< bn…………………………….…………………….2p

Din c) 
[image: image4.wmf]Þ

 a1 = x, a2 = x+1, a3 = x+2, …, an+1 = x+n, b1 = x+n+1, b2 = x+n+2, …, bn=x+2n………………………..…………………..…………………..………………………...……..2p

Din d) 
[image: image5.wmf]Þ

 x + (x+1) + (x+2) +…+ (x+n) = (x+n+1) + (x+n+2) +…+ (x+2n) 
[image: image6.wmf]Þ

 (n+1)x + (1+2+…+n) = nx + n2 + (1+2+…+n) 
[image: image7.wmf]Þ

 x = n2………………………..……………………………………………1p
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II. Din a + b + c = 1, obtinem 
[image: image8.wmf])

1

)(

1

(

1

b

a

ab

b

a

ab

ab

c

ab

ab

-

-

=

-

-

+

=

+

 …………………………...…..2p

Din inegalitatea mediilor 
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 cu egalitate daca 
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, adica a = b…………..…………………..…………………..…………………………..2p

Scriind si analoagele acestei relatii si adunand relatiile 
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Egalitatea are loc daca a = b = c cu a + b + c = 1, adica a = b = c =  
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III. Consideram P
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AC astfel incat 
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 EMBED Equation.3  [image: image18.wmf]Þ

 MP || BC 
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 ∆AMP 
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 ∆ABC 
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 EMBED Equation.3  [image: image23.wmf]Þ

                   MP = 
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 PN || AD 
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 ∆CPN
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 EMBED Equation.3  [image: image31.wmf]Þ

 PN = 
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Din (1) si (2) 
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 MP + PN = MN 
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 P, M, N coiniare 
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 MN || BC, MN || AD 
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 BC || AD si AD 
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